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Within a homologous series of cuprate superconductors, variations in the stacking of CuO2 layers
influence the collective charge dynamics through the long-range Coulomb interactions. We use O
K-edge resonant inelastic x-ray scattering to reveal plasmon excitations in the optimally-doped
trilayer Bi2Sr2Ca2Cu3O10+δ. The observed plasmon exhibits nearly qz-independent dispersion and
a large excitation gap of approximately 300 meV. This mode is primarily ascribed to the ω− mode,
where the charge density on the outer CuO2 sheets oscillates out of phase while the density in the
inner sheet remains unaltered at qz = 0. The intensity of the acoustic ω3 mode is relatively weak
and becomes vanishingly small near (qx, qy) = (0, 0). This result highlights a qualitative change in
the eigenmode of the dominant low-energy plasmon with the number of CuO2 layers.

I. INTRODUCTION

High-temperature superconductivity in the cuprates
emerges by introducing charge carriers into antiferromag-
netic Mott insulators that contain the CuO2 sheets [1, 2].
The proximity to the Mott insulating state commonly in-
vokes theoretical description based on a single-band Hub-
bard model that describes the itinerant Cu 3dx2−y2 holes
on a square lattice and their on-site Coulomb repulsion.
This approach describes the antiferromagnetic order in
the parent compounds and the d-wave superconducting
(SC) pairing in the doped compounds, arising from the
virtual exchange of antiferromagnetic spin fluctuations
[3].

Despite the success of spin-fluctuation theories in cap-
turing key features of the cuprate superconductivity, it
does not fully explain its material dependence. One of the
major unanswered questions is the dependence of transi-
tion temperature (Tc) on the number of CuO2 layers (n).
Within a homologous series of cuprates, the Tc mono-
tonically increases with n up to n = 3 and decreases for
n ≥ 4 [4]. A theoretical proposal explaining this n de-
pendence of Tc [5] suggests the importance of collective
charge fluctuations arising from the long-range Coulomb
interaction and its efficient screening by the SC pairs,
thereby enhancing Tc. Thus, it is crucial to reveal the
n dependence of charge fluctuations in the momentum

space.
Recent advances in the energy resolution of resonant

inelastic x-ray scattering (RIXS) [6] have enabled the
measurement of elementary excitations relevant to super-
conductivity, including paramagnons [7, 8], phonons [9],
and plasmons [10–14]. The plasmon excitations highlight
the crucial role of the long-range Coulomb interaction in
the low-energy charge dynamics of the cuprates, which is
neglected in the Hubbard-model descriptions that incor-
porate only the local interactions.
Plasmon dispersions identified in single-layer (n =

1) compounds La2−xCexCuO4 [10, 11], La2−xSrxCuO4

[12, 13], and Bi2Sr1.6La0.4CuO6+δ (Bi2201) [12] are
all acoustic-like, with a small energy gap in the limit
(qx, qy) → (0, 0). In contrast, the infinite-layer (n = ∞)
Sr0.9La0.1CuO2 has a gapped plasmon branch [14]. This
energy gap arises from interlayer electron hopping [16],
which brings the system closer to the three-dimensional
electron gas with a gapped plasma frequency [17]. In
both cases, the plasmons exhibit a large qz dispersion
near (qx, qy) = (0, 0) caused by an evolution from an opti-
cal mode at qz = 0 to acoustic-like modes at qz ̸= 0. In bi-
layer (n = 2) compounds, the Coulomb interaction across
the bilayers generates two plasmon branches at each qz
[18], and the intra-bilayer electron hopping generates an
energy gap in one of these branches [19]. Experimental
data of the bilayer Y0.85Ca0.15Ba2Cu3O7 indicate that
the gapped branch carries the dominant spectral weight
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FIG. 1. (a) Crystal structure of Bi2Sr2Ca2Cu3O10+δ (Bi2223)
[15]. The inter-trilayer distance c′ is half of the crystallo-
graphic lattice constant c = 37.16 Å. (b) Scattering geometry
of the OK-edge resonant inelastic x-ray scattering (RIXS) ex-
periment. The incident x-ray photons were σ-polarized, and
the polarization of the scattered photons was not analyzed.
(c) O K-edge x-ray absorption spectrum (XAS) measured at
24 K with the σ polarization. The arrow indicates the absorp-
tion peak (527.9 eV) to the Zhang-Rice singlet (ZRS) states.

[19]. However, the lack of experimental data on cuprate
compounds with a finite n ≥ 3 hinders the understand-
ing of the evolution of plasmon dispersions as a function
of n, and the role of plasmons in the superconducting
mechanism of the cuprates.

In this work, we present a RIXS investigation of
the plasmon excitations in the optimally-doped trilayer
cuprate Bi2Sr2Ca2Cu3O10+δ (Bi2223), which shows the
highest Tc of 110 K among the Bi-based cuprates [20].
The observed plasmon branch exhibits a nearly two-
dimensional dispersion with a significant gap of approx-
imately 300 meV at the two-dimensional Brillouin zone
center. Theoretical calculations of the charge susceptibil-
ity within the random phase approximation (RPA) pre-
dict three plasmon branches. We show that the observed
dispersion is mainly described by the ω− mode, which
represents the out-of-phase oscillation of the charges on
the outer CuO2 sheets at qz = 0 and exhibits a weak
qz dispersion, strikingly different from the plasmons ob-
served in single-layer cuprates.

(c)

(b)

(a)

FIG. 2. (a) Measurement paths in the three-dimensional q
space. (b) Representative OK-edge RIXS spectrum of Bi2223
at q = (-0.05, 0, -2.0). The spectrum includes the elastic line
(blue), phonon (orange), plasmon (green), bimagnon (red),
and dd excitations (purple). (c) RIXS intensity map at 24
K along the q = (H, 0, L) direction taken with a maximal
scattering angle of 2θ = 150◦.

II. RESULTS AND DISCUSSION

Figure 1(a) shows the crystal structure of Bi2223 and
the key parameters that determine the plasmon disper-
sion. The CuO2 trilayers (light blue planes) are sep-
arated by spacer layers, with an inter-trilayer distance
of c′ = 18.58 Å, which is half the crystallographic lat-
tice constant c = 37.16 Å [21]. This large inter-trilayer
distance suppresses electron hopping across the trilay-
ers. In contrast, the interlayer distance within a trilayer,
d = 3.30 Å, allows a finite interlayer hopping tz. The
tz combined with the long-range Coulomb interaction V
yields the gapped dispersion of the plasmon branch.

To identify collective charge fluctuations in the hole-
doped Bi2223, we employed O K-edge RIXS. The scat-
tering geometry of the RIXS experiment is illustrated in
Fig. 1(b). The incident x-ray photons were σ-polarized,
and the outgoing photons with both σ and π polariza-
tions were collected. Other experimental conditions are
detailed in the Supplemental Material [20].

The resonant transition to the itinerant O 2p holes
was determined by an O K-edge x-ray absorption spec-
trum (XAS) collected with σ-polarized photons. The
XAS lineshape shown in Fig. 1(c) reproduces previous
results for both Pb-doped and Pb-free Bi2223 [22]. For
RIXS measurements, we set the incident energy to 527.9
eV (indicated by the arrow), which corresponds to the
transition to the Zhang-Rice singlet states formed by the
hybridization between the Cu 3dx2−y2 and O 2p orbitals
[23]. This condition enhances the RIXS cross section of
the charge scattering from the itinerant holes in the hole-
doped cuprates [12, 13].

The investigated q paths in the reciprocal space are
depicted in Fig. 2(a). We first provide an overview
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FIG. 3. RIXS spectra at q =(H, 0, L) and (H, H, L), collected at fixed L values (a,b) L = -2 and (c,d) L = -2.5. (e) RIXS
spectra collected along the L direction at q = (−0.06, 0, L). Red circles indicate the plasmon peak energies. (f)-(h) RIXS
intensity maps corresponding to panels (a)-(e).

of the charge fluctuations in Bi2223 by employing the
largest scattering angle of 2θ = 150◦ to maximize the
momentum transfer |q|. The in-plane component was
scanned by rotating the sample angle (blue circles). Sub-
sequently, we investigate the three-dimensional disper-
sions along straight lines in the q space by simultaneously
tuning the 2θ and sample angle θi. Specifically, we ex-
plore the q = (H, 0, L) and (H,H,L) paths on the fixed
L = −2 (green) and L = −2.5 (pink) planes, as well as
the q = (−0.06, 0, L) path in the range −3.0 < L < −2.0
(red).

A representative O K-edge RIXS spectrum at q =
(−0.05, 0,−2.0) is presented in Fig. 2(b). In addition to
the elastic line at ω = 0 eV (blue), it contains multiple
elementary excitations in the spin-conserving channel,
including phonon (orange), plasmon (green), bimagnon
(red), and the tail of the dd excitations (purple). In the
subsequent discussion, we will focus on the dispersion of
the plasmon branch.

A colormap of RIXS spectra at 24 K collected with
a constant scattering angle of 2θ = 150◦ is shown in
Fig. 2(c). A pronounced plasmon dispersion is ob-
served, originating from the two-dimensional zone cen-
ter and extending up to approximately 1 eV. While a
sharp plasmon peak is well-defined for small |H| values,
the linewidth steadily increases with larger |H|, resulting
in significant broadening for |H| ≳ 0.2. This broaden-
ing suggests the damping of the plasmon excitations into
incoherent electron-hole pairs, likely due to the intersec-
tion of plasmons with the electron-hole continuum. This
Landau damping of plasmons was not identified in pre-
vious investigations [10–14], as the investigated in-plane
q range was limited to |H| ≲ 0.2. Despite the damping,
the charge continuum retains significant spectral weight
in |H| ≳ 0.2. In addition to the plasmon excitations, we
observe additional intensity around |H| = 0.25 in the low-
energy region (ω < 0.2 eV). This intensity is attributed
to the charge density wave (CDW) and the concomitant
phonon anomaly. The details of these CDW-related fea-
tures will be published elsewhere.

We now examine the three-dimensional dispersion re-
lation in more detail. In Figs. 3 (a)-(d), we show the
RIXS spectra at 24 K at q =(H, 0, L) and (H, H, L),

collected at fixed L values L = -2 [(a,b)] and L = -2.5
[(c,d)]. The plasmon peak positions are also shown as red
circles. The corresponding intensity colormaps are pre-
sented in Figs. 3(f) and (g), together with the peak po-
sitions. In contrast to the plasmons in single- [10, 12, 13]
and infinite-layer [14] cuprates with significant qz dis-
persion, the dispersion of the observed branch in Bi2223
is nearly identical on the L = −2 and L = −2.5 planes,
highlighting its two-dimensional character. Furthermore,
it exhibits a large excitation gap of approximately 300
meV at the two-dimensional Brillouin zone center.
To directly validate the small qz dispersion, we present

RIXS spectra along the L direction at q = (−0.06, 0, L)
in Fig. 3(e). The corresponding colormap is presented in
Fig. 3(h). At this in-plane momentum, the plasmon line-
shape is almost independent of L, and the peak energy
shows only a weak dispersion from 0.51 eV at L = −2 to
0.53 eV at L = −3. This energy difference at these equiv-
alent q vectors shows that the periodicity of the plas-
mon intensity is determined by the inter-trilayer distance
c′, instead of the crystallographic lattice constant c [10].
This qz dispersion is significantly smaller than the plas-
mons in single- [10–13] and infinite-layer [14] cuprates.
The small qz dispersion is a characteristic feature of the
ω− branch in trilayer cuprates, as shown below.
To quantitatively describe the observed plasmon dis-

persion, we have computed the dynamical charge sus-
ceptibility of Bi2223 within the RPA. The theoretical
trilayer model and the explicit form of the long-range
Coulomb interactions are detailed in the Supplemental
Material [20]. Our theoretical treatment is analogous to
Ref. [18], but we adopt a tight-binding model with a
finite intra-trilayer hopping tz, which yields gapped plas-
mon branches at (qx, qy) = (0, 0). The Fermi surfaces of
the model [inset of Fig. 4(a)] are in good agreement with
angle-resolved photoemission data of optimally-doped
Bi2223 [24, 25]. We do not include the electron hopping
between the outer CuO2 sheets within a trilayer, which
might become relevant only in the overdoped region [26].
Figures 4(a) and (b) show the intensity colormaps of

computed charge susceptibility [-Imχ(q, ω)] along the ex-
perimental q paths on the L = −2 and −2.5 planes,
respectively. The experimental plasmon peak positions
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FIG. 4. Dynamical charge susceptibility computed within the
RPA. The intensity maps are generated along the experimen-
tal q paths. The notations of three plasmon branches (ω+,
ω−, and ω3) follow those in Ref. [18]. The experimental plas-
mon peak positions are overlaid as red open circles. The inset
of panel (a) depicts the Fermi surfaces of the employed tri-
layer model [20].

are also overlaid as red circles. Reflecting the presence
of the three CuO2 sheets, three plasmon branches appear
within the RPA. The ω+ mode has strong qz-dependence,
resulting in different in-plane dispersions on the L = −2
and −2.5 planes. As its dominant spectral weight lies in
the high-energy region (≳ 1.2 eV) that falls within the
tail of the dd excitations (see Fig. 2), it is not resolved
in the present RIXS measurements. In the low-energy
region (≲ 1.2 eV), the dominant spectral weight lies in
the ω− branch, although the ω3 mode also has sizable
spectral weight, particularly at L = −2.5. Due to the
finite tz and the long-range Coulomb interaction V , the
dispersion of the ω− mode becomes gapped at the two-
dimensional zone center, providing an excellent descrip-
tion of the experimental plasmon dispersion. Note that
the ω3 mode remains gapless at q = (0, 0,−2.5), but its
spectral weight near q = (0, 0,−2.5) becomes vanishingly
small. Concomitantly, the bottom of the ω+ mode starts
to carry sizable spectral weight near q = (0, 0,−2.5), re-
producing the experimental peak positions.

The intensity map along the q = (−0.06, 0, L) path,
shown in Fig. 4(c), reveals the distinct qz dependence
of the three plasmon branches. The ω+ mode exhibits a
strong L dependence with its minimum at L = −3, simi-
lar to the plasmons in single- and infinite-layer cuprates.
On the other hand, the energies of the ω− and ω3 modes
depend on L only weakly, and the slight increase of the
ω− mode from L = −2 to L = −3 agrees with the exper-
imental data.

Here, we mention the linewidths of the plasmon excita-
tions. The plasmon linewidth of the RIXS data is quite
broad in the small in-plane (qx, qy) region presented in
Fig. 3. On the other hand, the calculated RPA charge
susceptibility predicts the three sharp plasmon branches.
This is because the RPA does not incorporate spectral
broadening due to electron correlations, such as short-
range antiferromagnetic correlations [27]. In the single-
layer case, this effect is discussed in the strong-coupling t-

J-V model [28]. It can be simulated phenomenologically
by invoking a large broadening parameter comparable to
the peak widths of the observed plasmons [20].

Our RIXS data and theoretical analysis have revealed
that intra-trilayer hopping in Bi2223 is responsible for
the finite energy gap in the ω− branch. Note that
this mechanism differs from the energy gap generated
by inter-(multi)layer hopping [14], which generates the
three-dimensionality of the electronic band structures.
For instance, the kz-dependent modulation of the Fermi
surfaces in the overdoped La2−xSrxCuO4 (x = 0.22) with
an interlayer distance of 6.61 Å shows that the magnitude
of the interlayer hopping is 7 % of the nearest-neighbor
hopping [29]. In contrast, the weak modulation observed
in Tl2Ba2CuO6+δ, which has a long interlayer distance
of 11.60 Å, suggests that interlayer hopping is less than
1.5 % of the nearest-neighbor hopping [29]. In Bi2223,
the longer inter-trilayer distance, given by c′−2d = 11.98
Å, likely leads to a negligibly small inter-trilayer electron
hopping.

Now, we discuss the n dependence of the plasmon
branches in the absence of inter-multilayer hopping. In
the single-layer case (n = 1), only the ω+ mode exists,
whose dispersion is acoustic-like, except for the optical
branches appearing at integer L values [17]. In the bi-
layer case (n = 2), both ω+ and ω− modes are present,
and the intra-bilayer hopping generates an energy gap in
one of them at (qx, qy) = (0, 0). Ref. [19] concluded that
the ω+ mode carries the dominant spectral weight and ex-
plains the observed dispersion in Y0.85Ca0.15Ba2Cu3O7,
although recent analyses suggested that the observed dis-
persion can be explained by the ω− mode [30, 31]. In the
trilayer case (n = 3), the three modes (ω+, ω−, and ω3)
emerge, and we have shown that the ω3 and ω− modes
exhibit a weak qz dependence. The observed plasmon
in Bi2223 is primarily ascribed to the ω− branch with
the dominant spectral weight, supplemented by contri-
butions from the ω3 mode at L = −2 and from the ω3

and ω+ modes at L = −2.5.

These results highlight the qualitative change in the
eigenmode of the dominant charge fluctuations as a func-
tion of n in cuprates. For simplicity, we describe the
eigenmodes of the ω+, ω−, and ω3 modes at qz = 0. The
ω+ mode, present in any n, is the in-phase charge oscil-
lation among the multilayers. The ω− mode, present in
n ≥ 2, is an out-of-phase charge oscillations within the
multilayers. In the trilayer case, the charge density on the
outer two sheets oscillates out of phase, while the den-
sity on the inner sheet remains unaltered. The ω3 mode
appears in n ≥ 3. In the trilayer case, the charge den-
sity on the outer and inner sheets oscillates out of phase,
with the larger amplitude in the inner sheet. While the
plasmons in the single- and infinite-layer cuprates [10–14]
originate from the ω+ mode, our results on the trilayer
Bi2223 provide the first identification of the ω− plasmon
mode in cuprates. Our results also call for more com-
prehensive data in bilayer cuprates [19], for the precise
assignment of the eigenmode.
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A natural question is how the evolution of plasmons
with n affects the SC properties in cuprates. We
note that the lineshape of the RIXS spectrum at q =
(−0.1, 0,−2) at 300 K (> Tc) remains almost identical
to that at 25 K [20]. This indicates that the reconstruc-
tion in the dynamical charge susceptibility in the mid-
infrared region across Tc, as theoretically proposed [5],
was not detected at this q. In Bi2223, the bottom en-
ergy of the plasmons, ω ∼ 300 meV, is significantly larger
than 2∆, where ∆ is the amplitude of its d-wave SC order
parameter in the three Fermi surfaces [24, 25, 32]. This
is not the case in single-layer cuprates with acoustic-like
plasmon dispersion. Future investigations of the detailed
temperature dependence of plasmon lineshape across Tc,
both in single- and multilayer cuprates, will shed light on
the role of plasmons in the superconducting mechanism.

III. CONCLUSION

In conclusion, we have conducted an O K-edge RIXS
study of plasmon excitations in the optimally doped tri-
layer cuprate Bi2223. We have identified nearly two-
dimensional plasmon excitations, which exhibit a large
excitation gap of approximately 300 meV at (qx, qy) =
(0, 0) generated by the long-range Coulomb interactions
and the intra-trilayer hopping. We attribute this mode
primarily to the ω− mode, in contrast to the ω+ mode
identified in single- and infinite-layer cuprates. These re-
sults suggest a qualitative change in the eigenmode of

the dominant plasmon with the number of CuO2 layers
in cuprate superconductors.

ACKNOWLEDGMENTS

We thank T. Tohyama for enlightening discussions.
The project was supported by Grants-in-Aid for Scien-
tific Research from JSPS (KAKENHI) (No. JP19H05823,
JP22K13994). M.B. is indebted to MANA Short-Term
Invitation Program and warm hospitality in NIMS; he
was also partially supported by JSPS KAKENHI (Grant
No. JP20H01856). A.F. was supported by JSPS KAK-
ENHI (Grant No. JP22K03535), NSTC Taiwan (Grant
No. NSTC 113-2112-M-007-033), and the Yushan Fellow
Program and the Center for Quantum Science and Tech-
nology within the framework of the Higher Education
Sprout Project under the MOE of Taiwan. H.Y. was sup-
ported by JSPS KAKENHI (Grant No. JP20H01856) and
the World Premier International Research Center Initia-
tive (WPI), MEXT, Japan. Part of the theoretical results
was obtained by using the facilities of the CCT-Rosario
Computational Center, a member of the High Perfor-
mance Computing National System (SNCAD, MincyT-
Argentina).

DATA AVAILABILITY

The data that support the findings of this article are
openly available.

∗ yamase.hiroyuki@nims.go.jp
† hakuto.suzuki@tohoku.ac.jp

[1] B. Keimer, S. A. Kivelson, M. R. Norman, S. Uchida, and
J. Zaanen, From quantum matter to high-temperature
superconductivity in copper oxides, Nature 518, 179
(2015).

[2] P. A. Lee, N. Nagaosa, and X.-G. Wen, Doping a mott in-
sulator: Physics of high-temperature superconductivity,
Rev. Mod. Phys. 78, 17 (2006).

[3] D. J. Scalapino, A common thread: The pairing inter-
action for unconventional superconductors, Rev. Mod.
Phys. 84, 1383 (2012).

[4] A. Iyo, Y. Tanaka, H. Kito, Y. Kodama, P. M. Shi-
rage, D. D. Shivagan, H. Matsuhata, K. Tokiwa, and
T. Watanabe, Tc vs n relationship for multilayered high-
tc superconductors, J. Phys. Soc. Jpn. 76, 094711 (2007).

[5] A. J. Leggett, Cuprate superconductivity: Dependence
of Tc on the c-axis layering structure, Phys. Rev. Lett.
83, 392 (1999).

[6] F. M. F. de Groot, M. W. Haverkort, H. Elnaggar,
A. Juhin, K.-J. Zhou, and P. Glatzel, Resonant inelas-
tic x-ray scattering, Nat. Rev. Methods Primers 4, 45
(2024).

[7] M. Le Tacon, G. Ghiringhelli, J. Chaloupka, M. M. Sala,
V. Hinkov, M. W. Haverkort, M. Minola, M. Bakr, K. J.
Zhou, S. Blanco-Canosa, C. Monney, Y. T. Song, G. L.
Sun, C. T. Lin, G. M. De Luca, M. Salluzzo, G. Khal-

iullin, T. Schmitt, L. Braicovich, and B. Keimer, In-
tense paramagnon excitations in a large family of high-
temperature superconductors, Nat. Phys. 7, 725 (2011).

[8] Y. Y. Peng, G. Dellea, M. Minola, M. Conni, A. Amorese,
D. Di Castro, G. M. De Luca, K. Kummer, M. Sal-
luzzo, X. Sun, X. J. Zhou, G. Balestrino, M. Le Tacon,
B. Keimer, L. Braicovich, N. B. Brookes, and G. Ghir-
inghelli, Influence of apical oxygen on the extent of in-
plane exchange interaction in cuprate superconductors,
Nat. Phys. 13, 1201 (2017).

[9] T. P. Devereaux, A. M. Shvaika, K. Wu, K. Wohlfeld,
C. J. Jia, Y. Wang, B. Moritz, L. Chaix, W.-S. Lee, Z.-X.
Shen, G. Ghiringhelli, and L. Braicovich, Directly charac-
terizing the relative strength and momentum dependence
of electron-phonon coupling using resonant inelastic x-
ray scattering, Phys. Rev. X 6, 041019 (2016).

[10] M. Hepting, L. Chaix, E. W. Huang, R. Fumagalli, Y. Y.
Peng, B. Moritz, K. Kummer, N. B. Brookes, W. C. Lee,
M. Hashimoto, T. Sarkar, J. F. He, C. R. Rotundu, Y. S.
Lee, R. L. Greene, L. Braicovich, G. Ghiringhelli, Z. X.
Shen, T. P. Devereaux, and W. S. Lee, Three-dimensional
collective charge excitations in electron-doped copper ox-
ide superconductors, Nature 563, 374 (2018).

[11] J. Lin, J. Yuan, K. Jin, Z. Yin, G. Li, K.-J. Zhou,
X. Lu, M. Dantz, T. Schmitt, H. Ding, H. Guo, M. P. M.
Dean, and X. Liu, Doping evolution of the charge ex-
citations and electron correlations in electron-doped su-

mailto:yamase.hiroyuki@nims.go.jp
mailto:hakuto.suzuki@tohoku.ac.jp
http://dx.doi.org/10.1038/nature14165
http://dx.doi.org/10.1038/nature14165
https://doi.org/10.1103/RevModPhys.78.17
https://doi.org/10.1103/RevModPhys.84.1383
https://doi.org/10.1103/RevModPhys.84.1383
https://doi.org/10.1103/PhysRevLett.83.392
https://doi.org/10.1103/PhysRevLett.83.392
https://doi.org/10.1038/s43586-024-00322-6
https://doi.org/10.1038/s43586-024-00322-6
http://dx.doi.org/10.1038/nphys2041
https://doi.org/10.1038/nphys4248
https://doi.org/10.1103/PhysRevX.6.041019
https://doi.org/10.1038/s41586-018-0648-3


6

perconducting la2−xcexcuo4, npj Quantum Mater. 5, 4
(2020).

[12] A. Nag, M. Zhu, M. Bejas, J. Li, H. C. Robarts, H. Ya-
mase, A. N. Petsch, D. Song, H. Eisaki, A. C. Walters,
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I. Characterization of Bi2Sr2Ca2Cu3O10+δ single crystals

The orientation of optimally-doped Bi2Sr2Ca2Cu3O10+δ (Bi2223) single crystal measured in the RIXS experiment
was determined from the Laue diffraction pattern [Fig. S1(a)]. The straight line corresponds to charge modulation in
the BiO planes along the q = (H,H,L) direction. The temperature dependence of magnetic susceptibility is shown
in Fig. S1(b). The data were collected with an applied magnetic field of 3 Oe along the crystallographic c axis by
field cooling (FC) and zero-field cooling (ZFC) methods. The superconducting transition temperature (Tc = 110 K)
was defined as the onset temperature of the Meissner diamagnetic signal.
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FIG. S1. Laue diffraction pattern for a Bi2223 crystal. (b) Magnetization curves for the optimally-doped Bi2223 (Tc = 110
K) measured with the field cooling (FC) and zero-field cooling (ZFC) methods. A magnetic field of 3 Oe was applied along the
crystallographic c axis.
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II. Experimental conditions for RIXS measurements

O K-edge RIXS spectra at 24 K were collected using the AGS-AGM spectrometer [1] at Beamline 41A of Taiwan
Photon Source. The continuous rotation of the detector arm [1] permits q-space scans with fixed H or L values.
The total energy resolution was set to 22 meV, as estimated from the full-width at half maximum (FWHM) of the
nonresonant spectrum from carbon tape. In addition, a RIXS spectrum at 300 K in a wide energy region was collected
using the 2D-RIXS spectrometer [2] at BL02U of NanoTerasu. Before installation in the measurement chamber, Bi2223
single crystals were cleaved ex situ to prepare a fresh surface parallel to the CuO2 planes. In the main text, we use
the pseudotetragonal notation with lattice constants a = b = 3.85 Å and c = 37.16 Å [3]. The momentum transfer
q = (H,K,L) is expressed in the reciprocal lattice units (2π/a, 2π/b, 2π/c).

III. RIXS spectrum at 300 K in a wide energy region
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FIG. S2. RIXS spectrum at q = (−0.1, 0,−2) at 300 K in a wide energy region (red). The corresponding spectrum at 25 K
(black) is also shown for comparison.

Figure S2 presents the RIXS spectrum at q = (−0.1, 0,−2) in a wider energy region at 300 K. The corresponding
spectrum at 25 K is also shown for comparison. We identify the charge-transfer excitation at ∼ 5.5 eV. We also note
that the lineshapes of the plasmon excitation are almost identical between 25 K and 300 K. This indicates that the
superconducting transition at Tc = 110 K does not have an appreciable feedback effect on the plasmon excitations.

IV. Trilayer model and RPA calculations of charge susceptibility

The bare Green’s function for the trilayer model is expressed as

G−1
0 (k, iνn) =

 iνn − εk −ε⊥k e
ikzd 0

−ε⊥k e
−ikzd iνn − εk −ε⊥k e

ikzd

0 −ε⊥k e
−ikzd iνn − εk

 , (1)

where εk = −2t(cos kx + cos ky) − 4t′ cos kx cos ky − 2t′′(cos 2kx + cos 2ky) − µ; ε⊥k = −tz(cos kx − cos ky)
2 − tz0; kx

and ky are in units of 1/a; kz is in units of 1/c′; a is the lattice constant along the x and y directions; c′ is half of the
lattice constant c since the unit cell contains two slabs of trilayers; the three layers are placed with equal distance d
in the trilayer slab; see Fig. 1. Defining

ε1 = εk +
√
2 ε⊥k , (2)

ε2 = εk , (3)

ε3 = εk −
√
2 ε⊥k , (4)
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we obtain

G0(k, iνn) =
1

D

(iνn − εk)
2 − (ε⊥k )

2 (iνn − εk)ε
⊥
k e

ikzd (ε⊥k )
2ei2kzd

(iνn − εk)ε
⊥
k e

−ikzd (iνn − εk)
2 (iνn − εk)ε

⊥
k e

ikzd

(ε⊥k )
2e−i2kzd (iνn − εk)ε

⊥
k e

−ikzd (iνn − εk)
2 − (ε⊥k )

2

 , (5)

with D = (iνn − ε1)(iνn − ε2)(iνn − ε3).
The non-interacting susceptibility matrix χ0(q, iωn) is given by

χ0,ij(q, iωn) =
1

Nx,yNz

∑
k,iνn

G0,ij(k, iνn) G0,ji(k+ q, iνn + iωn) , (6)

where Nx,y (Nz) is the number of points in the k∥ (kz) summation. Note that the kz dependence only appears
through the phases in the off-diagonal elements and the energies do not depend on kz. Therefore we can extract the
phase factor by introducing a quantity dij such that dij = 0 for i = j, dij = d for (i, j) = (1, 2), (2, 3), dij = 2d for
(i, j) = (1, 3), and dji = −dij . Consequently, Eq.(6) is written as

χ0,ij(q, iωn) =
1

Nx,yNz

∑
k∥,kz,iνn

G̃0,ij(k, iνn) G̃0,ji(k+ q, iνn + iωn)e
ikzdije−i(kz+qz)dij , (7)

=
e−iqzdij

Nx,y

∑
k∥,iνn

G̃0,ij(k, iνn) G̃0,ji(k+ q, iνn + iωn) . (8)

Here G̃0,ij(k, iνn) is equal to G0,ij(k, iνn) without the phase factor. Then the matrix χ0 for the stack of trilayers
is equal to the χ0 for only three layers with open boundary conditions, with the addition of phase factors e±iqzd and
e±i2qzd in the off-diagonal elements.
Following the long-range Coulomb interaction obtained in Ref. [4], we employ

Vq =

V1 V2 V3

V ∗
2 V1 V2

V ∗
3 V ∗

2 V1

 , (9)

with

V1 =
Vc

q∥a

sinh(q∥c
′)

cosh(q∥c′)− cos(qzc′)
, (10)

V2 =
Vc

q∥a

sinh[q∥(c
′ − d)] + e−iqzc

′
sinh(q∥d)

cosh(q∥c′)− cos(qzc′)
eiqzd , (11)

V3 =
Vc

q∥a

sinh[q∥(c
′ − 2d)] + e−iqzc

′
sinh(q∥2d)

cosh(q∥c′)− cos(qzc′)
eiqz2d , (12)

and q∥ =
√
q2x + q2y. The RPA susceptibility is then computed as

χ = (1− χ0Vq)
−1 χ0 . (13)

Figure 4 in the main text presents −Imχtot = −Im
∑

i,j χij , where we use a doping δ = 0.18, temperature T = 0,

t′ = −0.26, t′′ = 0.13, tz = 0.07, tz0 = 0.1, iωn = ω + iΓ, Γ = 0.1, Vc = 280; the energy unit is t = 0.1 eV; the lattice
parameters are a = 3.85 Å, c′ = 18.58 Å, and d = 0.86a = 0.178c′.

V. Charge susceptibility with larger broadening

The broadening of plasmons is controlled by Γ in the present theory. In principle, Γ should be infinitesimally small,
but we may invoke a finite value, e.g., Γ = 0.1, to mimic intrinsic broadening due to incoherent effects from electronic
correlations [5, 6]. Phenomenologically, the choice of Γ can be arbitrary. When we respect the broadening closer to
the experimental linewidths [see the green curve in Fig. 2(b)], we may choose a larger Γ = 1.0. In this case, we obtain
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FIG. S3. Dynamical charge susceptibility computed for a large broadening parameter Γ = 1.0.

Fig. S3, which should be compared with Fig. 4 of the main text, where a smaller Γ = 0.1 is employed. The ω3 and
ω− branches are combined into one broader branch, which well reproduces the experimental plasmon lineshapes.
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[5] P. Prelovšek and P. Horsch, Electron-energy loss spectra and plasmon resonance in cuprates, Phys. Rev. B 60, R3735 (1999).
[6] A. Nag, L. Zinni, J. Choi, J. Li, S. Tu, A. C. Walters, S. Agrestini, S. M. Hayden, M. Bejas, Z. Lin, H. Yamase, K. Jin,
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