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We report calculations of electron inelastic mean free paths (IMFPs) for 50-2000 eV electrons in 

a group of 27 elements (C, Mg, Al, Si, Ti, V, Cr, Fe, Ni, Cu, Y, Zr, Nb, Mo, Ru, Rh, Pd, Ag, Hf, 

Ta, W, Re, Os, Ir, Pt, Au and Hi). This work extends our previous calculations (Surf. Interface 

Anal. 11, 577 (1988) for the 200 - 2000 eV range. Substantial variations were found in the shapes 

of the IMFP versus energy curves from element to element over the 50 - 200 eV range and we 

attribute these variations to the different inelastic scattering properties of each material. Our 

calculated IMFPs were fitted to a modified form of the Bethe equation for inelastic electron 

scattering in matter; this equation has four parameters. These four parameters could be empirically 

related to several material parameters for our group of elements (atomic weight, bulk density and 

number of valence electron per atom). IMFPs were calculated from these empirical expressions, 

and we found that the root mean square difference between these IMFPs and those initially 

calculated was 13%. The modified Bethe equation and our expressions for the four parameters 

can therefore be used to estimate IMFPs in other materials. The uncertainties in the algorithm 

used for our IMFP calculation are difficult to estimate but are believed to be largely systematic. 

Since the same algorithm has been used for calculating IMFPs, our predictive IMFP formula is 

considered to be particularly useful for predicting the IMFP dependence on energy in the 50 - 

2000 eV range and the material dependence for a given energy.  
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INTRODUCTION 
In a previous paper, we reported new calculations of electron inelastic mean free paths 

(IMFPs) for 200 - 2000 eV electrons in 27 elements and four compounds.[1] These calculations 
were based on an algorithm developed by Penn,[2] which makes use of experimental optical data 
(to represent the dependence of the inelastic scattering probability on energy loss) and the 
theoretical Lindhard dielectric function (to represent the dependence of the scattering probability 
on momentum transfer). We fitted the calculated IMFPs to the Bethe equation for inelastic 
electron scattering in matter[3] and the two parameters in the Bethe equation were empirically 
related to several material constants. The resulting formula, to be referred to as TPP-l, could be 
used for predicting the IMFP dependence on electron energy for a given material and the material 
dependence for a given energy. 
 We extend the earlier work in the present paper by reporting IMFP calculations for the 
same 27 elements over the energy range 50 - 2000 eV. We use the same algorithm as that employed 
earlier but here we do not make an approximation adopted previously that is only valid for 
energies greater than 200 eV. The IMFP values have been fitted to a modified form of the Bethe 
equation with four parameters; these four parameters have again been empirically related to 
material constants. We thus obtained a new formula, to be referred to as TPP-2, for predicting 
IMFP values over the 50 - 2000 eV range. Preliminary accounts of this work have been 
published.[4, 5]  Results of similar IMFP calculations for 15 compounds are presented in a 
separate paper.[6] 
 Values of electron attenuation lengths (ALs) are needed for quantitative surface analyses 
by AES and XPS over the typical electron energy range of 50 - 2000 eV. Jablonski,[7] however, 
has recently found that IMFP values rather than ALs are appropriate for AES under some 
conditions. 
 We present below our IMFP results for 27 elements (C, Mg, Al, Si, Ti, V, Cr, Fe, Ni, Cu, 
Y, Zr, Nb, Mo, Ru, Rh, Pd, Ag, Hf, Ta, W, Re, Os, Ir, Pt, Au and Bi). These elements were selected 
since the optical data needed for the calculation were conveniently available.[1] We then give an 
analysis of the energy dependence of the IMFPs over the 50-2000 eV energy range and show how 
we developed the predictive formula TPP-2. The limitations of this formula and the sensitivity of 
the computed IMFPs to the choice of parameters are discussed. Finally, we show that the different 
shapes of the IMFP versus energy curves at energies below 200 eV are associated with the 
different inelastic electron scattering properties of the materials. 
 

IMFP CALCULATION   

 Our previous paper[1] summarizes the method of IMFP calculation. Briefly, it is 
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assumed that the material of interest can be considered to be a uniform electron gas that can be 
characterized by a complex dielectric constant 𝜀(𝑞, 𝜔), where q is the momentum transfer and 𝜔 
is the frequency corresponding to an energy transfer ℏ𝜔 in an inelastic scattering event. We have 
made use of the Lindhard dielectric function[8] in our model expression for 𝜀(𝑞, 𝜔) and equate 
our model dielectric function for q = 0 with experimental measurements of 𝜀(𝜔). For electron 
energies between 50 and 200 eV, the IMFP is calculated from Eqn. (14) of Ref. 1, which involves 
a triple integration over q, and an electron density variable in the Lindhard expression. The final 
integration represents a weighted average over all electron densities, where the weighting is 
determined by the experimental optical data in accordance with Eqn. (9) of Ref. 1. For energies 
above 200 eV, we calculated IMFPs from Eqn. (16) of Ref. 1, which requires only a single 
integration over excitation energy. Electron energies are expressed with respect to the Fermi level. 

The IMFP calculation for each element is based on experimental data for 𝜀(𝜔). For over 
half of the materials, there were gaps in the tabulations[9 - 12] of optical constants, often in the 
photon energy range 40 - 100 eV; in such cases, we made interpolations based on atomic 
photoabsorption calculations.[13] The accuracy of the experimental 𝜀(𝜔) was tested previously 
with two useful sum rules.[1] This analysis indicated that the root mean square (RMS) uncertainty 
of the optical data was ~ 10 %. 

The IMFPs calculated at low energies (< 100 eV) are subject to much greater 
uncertainties than those at higher energies. For low energies, it is not clear if the Born 
approximation is valid, i.e. whether or not the screened electron-electron interaction is properly 
treated in lowest-order perturbation theory. Furthermore, the effects of exchange and correlation 
have been neglected and these are expected to have a strong influence at low energies. Ashley[14] 
has found an increase in IMFP values at low energies when exchange was treated in an 
approximate way. Unfortunately, it is not presently clear how to take exchange and correlation 
into account in a first-principles calculation of the dielectric function. These effects could increase 
the IMFP because the electron-electron interaction is weakened on account of electrons seeking 
to avoid each other. However, another plausible treatment[15] of these effects has yielded shorter 
IMFPs. More accurate assessments of correlation and exchange effects remain to be made. 

Our assumption that the material can be considered as a free-electron gas is not expected 
to be valid for non-free-electron-like materials, such as the transition and noble metals. 
Nevertheless, our use of experimental optical data ensures that we correctly represent the 
excitation spectrum of each material, i.e. we do not assume that plasmon excitation is the only or 
the dominant excitation channel. The free-electron-gas approximation enables us to apply the 
Lindhard dielectric formalism, which provides a physically plausible dependence of the dielectric 
constant on momentum transfer. This particular dependence may not be valid for non-free-
electron-like materials but we do not currently have better theoretical or experimental guidance. 
At low energies, the actual band structure of a solid should be taken into account in an IMFP 
calculation if it differs significantly from that of a free-electron-like material. For example, 
transition metals have unfilled d bands and large densities of states above the Fermi energy. There 
is some evidence[16] that experimental ALs are much smaller than expected from this and similar 
IMFP calculations. 

We note finally here that our IMFP calculations are for bulk solids. At surfaces, there 
are additional complications (e.g. the excitation of surface plasmons) that affect both IMFP 
calculations and AL measurements.[17] For electron energies below ~ 200 eV in free-electron-
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like solids, surface plasmon excitation becomes comparable to or larger than bulk plasmon 
excitation in reflection electron energy-loss experiments.[18] In such experiments, the detected 
electrons cross the solid vacuum interface twice whereas the detected electrons in AES and XPS 
experiments cross this interface once and the surface plasmon loss intensity is smaller than in the 
corresponding energy-loss experiments; the surface plasmon intensity also depends on the 
experimental geometry.[19] The rise in the surface plasmon intensity in the energy-loss 
experiments is accompanied by a similar but not identical decrease in the bulk plasmon intensity. 
As a result, the total inelastic scattering cross-section is not greatly modified by the changes in 
the relative cross-sections for bulk plasmon and surface plasmon excitations except perhaps at 
near-grazing take-off angles.[19] 

To summarize, we expect our IMFP calculations to be useful for electron energies 
greater than about 50 eV. The uncertainties in the calculated IMFPs at low energies (50 - 200 eV) 
will be greater than at higher energies but it is not possible for us to estimate these uncertainties 
reliably. Since we are using the same algorithm to calculate IMFPs for a large number of materials, 
we believe that we can determine IMFP variations with higher accuracy than the IMFP values 
themselves. We also can similarly analyse the dependence of the IMFP on electron energy with 
high precision. 
 
IMFP RESULTS 
 In the present work, we used values for the Fermi energy (Table 1) from band structure 
calculations[20,21] rather than from the formula for a free-electron gas. As a result, our IMFP 
values for electron energies between 50 and 2000 eV (Table 2) are typically ~ 0.1 - 0.2 Å larger 
than the values presented earlier[1] for the 200 - 2000 eV range. The IMFP values for Ir are 10 -
20 % smaller than found previously owing to the use of a less accurate algorithm for numerical 
integration in one of our early calculations. 
 Plots of IMFP versus energy are shown in Figs 1 - 10 for C, Si, Ti, Fe, Mo, Pd, Ag, W, 
Pt and Bi; the insets in each figure show the new results for low energies (< 200 eV) on an 
expanded energy scale. The insets also show IMFP values that were calculated for energies 
between 10 and 40 eV; these values are included to indicate the trends for energies below the 
IMFP minimum but we emphasize, for the reasons presented earlier, that these values should be 
regarded only as rough estimates. Plots similar to Figs 1 - 10 for Mg, Al, Ni, Cu and Au are given 
in our previous publications.[4,5] These plots show the qualitative differences in the shapes of the 
IMFP versus energy variations at low energy that was discussed previously.[5] 
 
IMFP dependence on electron energy 
 We found in our analysis of IMFPs for 200 - 2000 eV electrons that the Bethe 
equation[3] for inelastic scattering in matter provided a satisfactory description of the IMFP 
dependence on energy.[1] This equation has also proved to be useful in analysing inner-shell 
ionization cross-sections,[22] other IMFP calculations[23] and measurements of electron 
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attenuation lengths (ALs).[24] 
 The Bethe equation can be written 
 

𝜆 = 𝐸/#𝐸p
2𝛽 ln(𝛾𝐸)&                                           (1) 

 
where 𝜆 is the IMFP (in Å), E is the electron energy (in eV), 𝐸p =  28.8(𝑁v𝜌/𝑀)1/2 is the 
free-electron plasmon energy (in eV), 𝜌 is the bulk density (in g cm-3), Nv is the number of 

valence electrons per atom or molecule, M is the atomic or molecular weight and 𝛽 and γ are 
parameters. Values of the plasmon energy for the 27 elements are listed in Table 1. The validity 
of the Bethe equation for a particular set of IMFP or AL data can be readily checked using a Fano 
plot in which (E/𝜆) is plotted versus ln E.[23,24] If the data points lie sufficiently close to a straight 
line, values of the parameters 𝛽 and 𝛾 in Eqn. (1) can be found through a linear least-squares 
analysis. 
 In our present work, it has been necessary to modify the Bethe equation through the 
addition of two terms (as proposed by Inokuti[25] and Ashley[14]) 
 

𝜆 = 𝐸/{𝐸p
2[𝛽ln (𝛾𝐸) − (𝐶/𝐸) + (𝐷/𝐸2)]}                 (2) 

 
where C and D are two additional parameters. The added terms in Eqn. (2) account in an empirical 
way for exchange effects expected to be significant at low energies and for other departures from 
the first Born approximation on which the Bethe formula is based.[25] 
 The need for the additional terms in Eqn. (2) can be seen from the Fano plots based on 
our IMFP results for Si and Pt shown in Figs 11 and 12. The Fano plots for these two elements 

are shown as examples of the different dependences of 𝜆 versus E at low energies illustrated in 
Figs 1 - 10. For Si, the calculated IMFP (Fig. 2) decreases rapidly with increasing energy to a 
well-defined minimum at ~ 40 eV and then increases; in contrast, the calculated IMFP for Pt (Fig. 
9) decreases more gradually and there is a broader minimum located at ~ 100 eV. The Fano plot 
for Si in Fig. 11 shows departures from linearity for energies below ~ 200 eV, while for Pt the 
departures from linearity in Fig. 12 are more pronounced. 
 We have made least-squares fits of Eqn. (2) to our calculated IMFPs over the 50 - 2000 
eV energy range. Examples of the quality of these fits are shown by the solid lines in Figs 1 - 10. 
The solid lines in the Fano plots (Figs 11 and 12) also indicate these fits, while the dashed lines 
show only the leading term of Eqn. (2), which dominates for energies above 1000 eV. The RMS 
deviation in the fits varied between 0.1 and 1%; the maximum deviation at any one energy was 
2.5 %. 

 Table 3 shows values of the parameters 𝛽, 𝛾, C and D found in the least-squares fits. It 
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should be noted that the values of 𝛽 and 𝛾 in Table 3 are different from those derived in our 
previous analysis1 of IMFPs over the 200 - 2000 eV range largely on account of the two additional 
terms in Eqn. (2). We also point out that Eqn. (2) together with the parameter values in Table 3 
can be used for interpolation of the IMFP values in Table 2; that is, Eqn. (2) provides an explicit 
dependence of IMFP on energy for the 27 elements considered here. 
 
Development of a predictive IMFP formula 
 
 We previously developed a predictive IMP formula based on Eqn. (1) from our IMFP 
calculations for 27 elements and four compounds in the 200 - 2000 eV energy range.[1] We sought 

relationships of the values of 𝛽 and 𝛾 for each material in terms of various material parameters 
(number of valence electrons per atom or molecule, bulk density, atomic or molecular weight and 
band-gap energy for non-conductors). We were guided by relationships deduced in previous 
studies[26] and looked for expressions to represent any remaining residuals. IMFP values from 
the predictive formula (which we now call TPP-l) were compared to the IMFPs calculated for 
each of the 31 materials and we found an average RMS difference of 12% and a maximum RMS 
difference of 32%. These differences were not considered excessive in view of uncertainties in 
the optical data used in the calculations and the empirical basis of our formula. 
 We have performed a similar analysis based on the IMFP calculations for the group of 

27 elements. We started with similar expressions for the Bethe parameters 𝛽 and 𝛾 and then 
searched for useful expressions for C and D. Our results are as follows[5] 
 

𝛽 = −0.0216 + 0.944/(𝐸p
2 + 𝐸g

2)1/2 + 7.39 × 10−4𝜌                                    (3𝑎) 
 

𝛾 = 0.191𝜌−0.50                                                                                    (3𝑏) 
 

𝐶 = 1.97 − 0.91𝑈                                                                                   (3𝑐) 
 

𝐷 = 53.4 − 20.8𝑈                                                                                  (3𝑑) 
 

𝑈 = 𝑁v𝜌/𝑀                                                                                        (3𝑒) 
 
where Eg is the band-gap energy (in eV) for nonconductors. We will refer to Eqns (2) and (3) as 
TPP-2. 

 Figure 13 shows a plot of the values of 𝛽 (solid circles) found for each element (Table 
3) from the fits of Eqn. (2) to the calculated IMFPs versus (𝐸p

2 + 𝐸g
2)−1/2. This plot shows a 
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reasonably linear relationship between these variables. The dashed line in Fig. 13 is a plot of the 
first two terms of Eqn. (3a) versus (𝐸p

2 + 𝐸g
2)−1/2. We found that the residuals defined by   

 
𝛽r = 𝛽 + 0.0216 − 0.944/(𝐸p

2 + 𝐸g
2)1/2                                    (4) 

 
were not random but showed a linear dependence on density, as indicated in Fig. 14. The solid 
line in Fig. 14 shows the explicit dependence on density indicated by the third term of Eqn. (3a). 

An evaluation of Eqn. (3a) for a hypothetical material with 𝜌 = 10 g cm-3 is shown as the solid 
line in Fig. 13 to illustrate the magnitude of the density term in the evaluation of 𝛽. 
 Figure 15 shows a plot of the values of 𝛾 found for each element versus density. The 
solid line is a plot of Eqn. (3b), which provides a good representation of the density dependence. 
 Figures 16 and 17 show plots of the values of C and D for each element together with 
Eqns 3(c) and 3(d), respectively, versus U (Eqn. 3(e)). At first glance, it seems that there are 
significant outliers in each figure, particularly for low values of U. This result is due to the fact 
that the values of C and D can be highly correlated when the Fano plots do not exhibit significant 
curvature at low energies. The Fano plot for Si in Fig. 11 shows less curvature at low energies 
than that for Pt in Fig. 12 and, as a result, the derived values of C and D are highly correlated and 
cannot be determined with high relative precision. 
 The most significant outliers in Figs 16 and 17 are the points for Mg, Al, Si, Hf and Bi. 
To analyse these results further, we have calculated the slopes of the Fano plots and these are 

shown in Figs 18 and 19. The solid circles in these plots are numerical evaluations of d(E/λ)/ d(ln 
E) from our IMFP calculations. The solid lines are evaluations for each element of the Fano plot 
slopes expected from Eqn. (2), i.e. we have evaluated 
 

𝑑(𝐸/λ)
𝑑(ln 𝐸)   =  𝐸𝑝

2 *β +
𝐶
𝐸 −

2𝐷
𝐸2+                                                              (5) 

 
using the parameter values listed in Table 3. For the three elements which are most free-electron-
like (Mg, Al, and Si), the Fano plot slopes calculated from the IMFP data do not change 
appreciably with electron energy. A larger variation in the Fano plot slopes with energy is found 
for Hf and Bi, which have a structure due both to plasmon excitation and to shallow core-level 
excitation in their energy-loss spectra (equivalently, the plots of Im[−1/𝜀(ℏ𝜔)]versus ℏ𝜔). The 
differences from element to element in Figs 18 and 19 are largely associated with differences in 
the energy-loss spectra, as are the differences in the Fano plots of Figs 11 and 12. We note also 
that Eqn. (2) does not provide a good representation of the Fano plot slope trends for Mg, Al and 
Si at the lowest energies (50 - 60 eV) in Figs 18 and 19, although the fits of Eqn. (2) to the 
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calculated IMFPs (e.g. Fig. 2) are satisfactory. At the highest energies (1000 - 2000 eV), Figs 18 
and 19 show the expected asymptotic trend towards the slope expected from the Bethe equation 
(Eqn. (2)).[1] It therefore appears that the scatter of points in Figs 16 and 17 for low values of U 
is due in part to correlation in the values of C and D in the least-squares fits, as mentioned earlier, 
and also in part to differences in the electron energy-loss spectra for each element. The solid lines 
in Figs 16 and 17 provide a reasonable means of minimizing the effects of correlations but cannot 
adequately represent differences in the details of the inelastic scattering for each material. 
 To evaluate the reliability of Eqns (2) and (3) for predicting IMFPs, we show calculated 
IMFPs as dashed lines in Figs 1 - 10 for which values of the four parameters in Eqn. (3) have 
been computed from property data for each element. We also list in Table 4 values for the largest 
positive percentage difference and the largest negative percentage difference for each element in 
comparisons of the results of Eqns (2) and (3) with the original IMFP values (Table 2); also shown 
are the electron energies at which the designated differences occur. The final column in Table 4 
gives values of the root mean square (RMS) difference between the IMFP results from Eqns (2) 
and (3) and the values of Table 2. 
 Figures 1 - 10 provide a visual indication of the extent to which results from our 
predictive formula TPP-2 agree with the directly calculated IMFP values. A more quantitative 
comparison can be made from the information in Table 4. For about half of the elements, the 
largest percentage differences (positive or negative) occur at the lowest electron energy 
considered here (50 eV) while for about a quarter of the elements the largest differences occur at 
the highest energy (2000 eV). The differences are entirely positive or negative for two-thirds of 
the elements while for the remainder both positive and negative differences are found. The largest 
negative percentage difference is for carbon (- 45% at 50 eV) and the largest positive percentage 
difference is for tantalum (37% at 50 eV). A reasonable overall comparison can be made using 
values for the RMS differences listed in the final column of Table 4; this is a reasonable basis for 
evaluation even though the differences are systematic rather than random. The largest RMS 
difference is for carbon (- 33%) and the average RMS difference is ~ 13%. This value for the 
average RMS difference compares favourably with the corresponding value of 12% in the similar 
evaluation of TPP-l over the 200-2000 eV range.[l] We believe that the differences shown in Table 
4 are not unreasonable considering the uncertainties of the optical data used in the IMFP 
calculation[1] and the empirical basis of the modifications to the Bethe equation and of the four 
parameters of Eqn. (2) given in Eqn. (3). As discussed further below, Eqns (2) and (3) can only 
be expected to be an approximate guide to the very different inelastic electron scattering behavior 
of the various solids. 
 With only one semiconductor in our group of 27 elements, it has not been possible here 
to validate the inclusion of the Eg term in Eqn. (3a). We show in the following paper[6] that this 
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small correction in Eqn. 3(a), as suggested by Szajman et al.,[26] is useful. 
 
DISCUSSION 
Comparisons of IMFP values with other results 
 
Two other groups[l4, 27] have calculated IMFP values from optical data in a similar manner to 
that done here. Ashley[l4] has calculated IMFPs for Al, Cu, Ag and Au both with and without 
consideration of exchange although, as pointed out earlier, his treatment of exchange is 
approximate. Exchange effects are larger for smaller electron energies and, at the lowest energy 
of 40 eV for which numerical values are reported, Ashley finds that exchange leads to increases 
of the calculated IMFPs for Al, Cu, Ag and Au by between 28 and 40%. 
 Ding and Shimizu[27] have calculated IMFPs for Si, Ni, Cu, Ag and Au using two 
different dispersion equations that relate excitation energy to momentum transfer. With a quartic 
equation relating excitation energy to momentum transfer q (as used here), they find reductions 
in the calculated IMFP values compared to those found with a quadratic equation (as used by 
Ashley). The reductions are only significant for energies below 200 eV; at an energy of 50 eV, the 
reductions range from ~ 20% for Si to 45% for Au. 
 While these differences in technical approach led to up to 50% differences in numerical 
IMFP values for electron energies between 50 and 200 eV, there is much closer agreement in the 
results for higher energies. At an energy of 1000 eV, for example, the IMFP values calculated for 
Au by us and those reported in Refs 14 and 25 differ by a maximum of 11%; the corresponding 
difference for Cu is also 11 %. 
 Reich et al.[28] have calculated IMFPs using an atomic model. Although the detailed 
inelastic scattering mechanisms for valence electron excitations, particularly in atoms and the 
corresponding solids, are quite different, the atomic model yields results that are in semi-
quantitative agreement with other data.[28] This result is not surprising since the total oscillator 
strengths for valence electron excitations from atoms and from those atoms in an elemental solid 
will be similar even if the excitation modes and energies are different. Nevertheless, the IMFPs 
calculated by Reich et al. for C, Al and Si from their atomic model are typically 20 - 40 % lower 
than the values that we determined for those solids (Table 2). 
 We have previously[1] compared our IMFP values in the 200 - 2000 eV range with 
experimental measurements of electron attenuation lengths (ALs) and found semi-quantitative 
agreement. Owing to elastic electron scattering, IMFP values will be systematically larger than 
corresponding AL values by up to ~ 40 %, depending on the electron energy, the atomic number 
of the material and the experimental configuration.[29] The experimental AL measurements may 
have uncertainties of up to a factor of approximately two owing to a large number of sources of 
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systematic error.[17,30]  It is therefore difficult at this time to draw useful conclusions from 
IMFP and AL values which appear either to agree or to disagree. 
  
The IMFP predictive formula TPP-2 
 
Equations (2) and (3) are believed to be useful for predicting IMFP values for materials for which 
no calculations or measurements have been made. Since we have used the same algorithm in our 
IMFP calculations for the present group of 27 elements, we consider that these equations (TPP-
2) can provide information on the dependence of the IMFP on energy and material even though 
the absolute values may be systematically high or low on account of the approximations adopted 
in the theory.[2] 
 Nevertheless, we point out some limitations of TPP- 2. In addition to the uncertainties 
associated with the theory, the IMFP values calculated for optical data for anyone material will 
have an additional uncertainty of ~ 10% associated with the typical uncertainty of the optical data 
for these 27 materials, as noted earlier. The scatter of points in Figs 13 - 17 is believed to be due 
in part to uncertainties of the optical data. 
 Another limitation of TPP-2 is associated with the empirical nature of Eqns (2) and (3). 
A simple analytical description such as this cannot be expected to represent adequately the 
detailed differences in inelastic scattering from element to element. For example, we show in Figs 
20 and 21 plots of the energy-loss functions for Si and Pt as examples of the qualitatively different 
distributions found for so-called free-electron and non-free-electron materials, respectively.[31] 
The energy-loss function is proportional to the differential cross-section for inelastic scattering as 
a function of energy loss.[31] For Si, as shown in Fig. 20, the most probably energy loss is at 16.6 
eV and is due to bulk plasmon excitation. The additional weaker structure at ~ 100 eV energy loss 
corresponds to the onset of excitations from the L shell. In contrast, the energy-loss function for 
Pt in Fig. 21 shows much broader structures that overlap. For most transition and noble metals, it 
is not possible to identify unequivocally the structures due to bulk plasmon and to single electron 
excitations.[32] There are also overlaps in the structures due to valence electron and core electron 
excitation. Despite the range and complexity of the structures found for valence electron 
excitations (generally those for which the excitation energy is < 50 eV), an IMFP calculated from 
the optical data for a given material and electron energy results from an integration of all available 
excitations. The effects of differences in the spectrum of inelastic excitations from one material 
to another can thus be reduced by this integration. The averaging of material differences will, 
however, generally be less at low electron energies ( < 200 eV) since the relative cross-sections 
for the various inelastic channels at different excitation energies become more sensitive functions 
of electron energy. The effects of differences in inelastic scattering from material to material are 
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therefore likely to be more pronounced at such low energies. These effects cannot be accurately 
represented by the relatively simple formula TPP-2, as we will show later in this subsection. 
 A final aspect of TPP-2 is the sensitivity of the computed IMFPs to the choice of 
parameters, particularly the number Nv of valence electrons per atom or molecule. This issue is 
addressed further below but here we point out that this parameter arises from sum-rule 
considerations[31] and not the position of a plasmon-loss peak in the energy-loss function, which 
depends on other parameters.[32] 
 The magnitude of the IMFP for a given material is inversely related to the total cross-
section for inelastic electron scattering and to the density of atoms or molecules. Most of the total 
inelastic scattering cross- section for electron energies of interest in AES and XPS is due to 
valence electron excitations with energies typically between 5 and 50 eV, as illustrated in Figs 20 
and 21. The magnitude of the cross-section for valence electron excitations can be estimated from 
the most probable excitation energy and the valence electron oscillator strength.[31] Such 
oscillator strengths can be determined from an evaluation of the integral  
 

𝑍eff = (
2

𝜋ℏ2Ω𝑝
2) ∫ Δ𝐸

∆𝐸max

0
Im [−

1
𝜀(Δ𝐸)] 𝑑(Δ𝐸), (6) 

 
where Ω𝑝 = (4π𝑛𝑎𝑒2/𝑚)1/2,  𝑛a = 𝑁a𝜌/𝑀  is the density atoms or molecules, Na is 

Avogadro's number, 𝜌 is the bulk density, and M is the atomic or molecular weight and Δ𝐸 =
ℏ𝜔 is the energy loss in an inelastic scattering event corresponding to the photon energy ℏ𝜔. 
Estimates of the valence electron oscillator strength are typically made by choosing the upper 

limit in Eqn. (6), Δ𝐸max , to be less than the binding energy of the shallowest core electrons. 
When the upper limit in Eqn. (6) (Δ𝐸max) is equal to infinity, Zeff should be equal to Z, 

the total number of electrons per atom or molecule.[33]  In this limit, Eqn. (6) is the oscillator 
strength (f-sum) rule. Unfortunately, there is no 'partial' sum rule associated with each electronic 

shell, although it is found empirically that Zeff evaluated with Δ𝐸max = 50 - 100 eV is often 
equal to the number of valence electrons per atom or molecule within ~ 20%. 

 We show examples of evaluations of Zeff as a function of Δ𝐸max in Figs 22 and 23 for 
Si and Pt, respectively. These two elements have very different energy-loss functions (Figs 20 and 
21) and there are corresponding differences in Figs 22 and 23. Figure 22 for Si shows three 
reasonably well-defined plateaux that define regions predominantly associated with valence 
electron, L-shell and K-shell excitations. Even for this relatively ideal case, it is clear that there 
are valence electron excitations with energies greater than the L3-rubshell binding energy and 
there are L-shell excitations with energies greater than the K-shell binding energy. In contrast, 
Fig. 23 for Pt does not show plateaux as in Fig. 22 and it is evident here, as for other transition 
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and noble metals, that there is a much greater overlap in the excitations for the various shells. The 
valence electron excitations of Pt, for example, overlap excitations of the O23 subshells with an 
onset at ~ 50 eV. Despite these various complications, the total number of valence electrons (four 
for Si and ten for Pt) provides an initial estimate, through the parameter Ep in Eqn. (2), of the 
oscillator strength for valence electron excitations that provide the largest contribution to the total 
inelastic scattering cross-section. That this estimate is in fact generally reasonable is shown by 
the RMS differences in Table 4 in the comparisons of IMFP values from TPP-2 with our calculated 
IMFPs. 
 There are also some elements such as zinc where there are core levels with very low 
binding energy, in the case ~ 10 eV. The latter electrons have excitations which clearly contribute 
to the total inelastic scattering cross-section. In such cases, it is suggested that an IMFP value be 
calculated from TPP-2 using the number of valence electrons per atom as a reasonable estimate; 
in addition, it is suggested that the calculation be repeated including the core electrons to give an 
upper limit for the uncertainty due to this parameter. The IMFP calculated for Zn at E = 1000 eV 
from TPP-2 for Nv = 2 is 24.2 Å, while the value for Nv = 12 is 17.8 Å, a reduction of 26%. 
Although this uncertainty of 26% in the calculated IMFP is substantial, it nevertheless 
corresponds to a factor of six variation in the value of the parameter Nv. The effects of varying 
the values of the parameters in TPP-2 on the predicted IMFP are discussed in more detail in the 
following subsection. 
 We have discussed in some detail the limitations of TPP-2 for predicting absolute IMFPs. 
Relative IMFPs, however, can be obtained with greater confidence. Figure 24 shows a plot of the 
ratios of IMFPs calculated from TPP-2 to the IMFPs calculated from optical data for Al, Au, Pt 
and Si as a function of electron energy. For energies above 200 eV, this ratio is constant to within 
2% for Al, 6% for Au, 1% for Pt and 2% for Si. The ratio is constant for the group of elements to 
within an average value of 4% and a standard deviation of 2.4% over the 200 - 2000 eV energy 
range. At lower energies, however, the ratio could show larger variations, as exemplified by the 
maximum variation of 24% found for Au. This large change in the IMFP ratio for Au at low 
energies illustrates a limitation of the TPP-2 formula that was discussed earlier. 
 We have also found that the average RMS difference between IMFPs calculated from 
the optical data and the values predicted by TPP-2 over the 50 - 2000 eV range for the group of 
27 elements was ~ 13%. This average RMS difference indicates the precision with which relative 
IMFP values can be obtained from TPP-2 for different materials at a given energy. This precision 
is almost a factor of three less than that found with the widely used Seah and Dench formula for 
predicting electron attenuation lengths in elemental solids.[35] 
 We note, finally, here that when we initially developed and published[4,5] a predictive 
formula for the 50 - 2000 eV energy range, we gave different expressions for the parameters C 
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and D. We were informed[34] that these expressions led to non-physical IMFP values for certain 
parameter choices. We later developed[5] simpler expressions for C and D which do not give the 
same problems; our analyses which led to these expressions and to our TPP-2 formula have been 
described above. We emphasize that our IMFP calculations were made for electron energies 
between 50 and 2000 eV and for a group of elements that have values for the parameter U ranging 
between 0.14 and 1.55. We strongly recommend that our predictive formula TPP-2 not be used 
for energies and for materials with values of U outside these ranges, i.e. TPP-2 should only be 
used for interpolation purposes over the ranges of variables considered here. 
 
Characteristics of the predictive formula TPP-2 
 
We pointed out earlier[5] the substantial differences in the shapes of the IMFP versus energy 
curves for Al and Au between 50 and 200 eV. Our formula TPP-2 appears to represent reasonably 
the various IMFP versus energy curves at such low energies for Al and Au as well as for the other 
elements analysed here (see, for example, Figs 1 - 10 and Table 4). We therefore thought it 
worthwhile to examine in greater detail the influence of the various parameters in TPP-2 on the 
IMFP magnitudes and on the shapes of the IMFP versus energy curves. 
 We have chosen to evaluate TPP-2 for both Al and Au and then to calculate IMFP values, 
as each parameter in TPP-2 was separately varied. The elements Al and Au were chosen for this 
purpose since they are perhaps the most extreme examples of free-electron-like and non-free-
electron-like metals (so far as their IMFP properties are concerned).[5] Material properties and 
parameters for elemental Al and Au are listed in Table 5. We note here that we have varied the 
parameters in TPP-2 over a substantial range and this has caused the calculated values of U to lie 
outside the recommended range of 0.14 - 1.55; the lowest value of U examined is 0.03 

(corresponding to Ep = 5 eV), while the highest value is 2.22 (corresponding to r = 20 g cm-3 for 
Al). 
 Figures 25 - 28 show IMFP versus energy curves for Al and the effects of varying in 

turn the bulk density r, the number of valence electrons per atom Nv the free electron plasmon 
energy Ep and the band-gap energy Eg.  The bulk density affects values of Ep and U and thus the 

parameters b, C and D as well as the value of g. 
 Figure 25 shows that increases in the value of b lead to a systematic decrease of the 
IMFPs calculated from TPP-2 except for energies below 100 eV.  In this low energy range, 
changes in shape of the IMFP versus energy curves are observed. The value of Nv determines 

values of Ep and U and consequently of b, C and D. Variation of Nv from 1 to 5 leads to a decrease 
in IMFP values, as shown in Fig. 26, but further increase of Nv causes increases of the IMFPs. 
Figure 27 shows the effects of varying the parameter Ep (and consequently also U). An increase 
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of Ep from 5 eV to 25 eV decreases the IMFP for energies greater than 100 eV, but increases of 
Ep to 30 and 35 eV lead to increases of the IMFP.  For energies below 100 eV, changes of Ep 
cause some changes in the shapes of the IMFP versus energy curves. Although Al is, of course, a 
metal and the bandgap energy Eg = 0, we show in Fig. 28 how variation of this parameter affects 

the calculated IMFPs. Increase of Eg leads to a decrease of b  and an increase in the computed 
IMFP as illustrated. 
 Figures 29 - 32 show similar plots for Au. Variation of the value of the bulk density, as 
shown in Fig. 29, causes a similar variation in IMFP magnitudes as shown in Fig. 25, although 
the Au curves at low energies (the inset of Fig. 29) show a broad minimum for the larger densities. 
Figure 30 shows the effects of changing the value of Nv. There is here a systematic variation of 
the IMFP with Nv in contrast to the more complex trends found for Al in Fig. 26. The IMFP versus 
energy curves in the inset of Fig. 30 all display a broad minimum. An increase in the value of Ep 
causes a systematic decrease in IMFP values, as shown in Fig. 31. There are also substantial 
changes in the shapes of the IMFP versus energy curves for energies below 200 eV; for Ep = 35 
eV the IMFP does not vary substantially between 50 and 200 eV, while for Ep = 5 eV the IMFP 
variation is greater. Finally, we show in Fig. 32 the effects of varying the magnitude of Eg. As 
expected from Eqn. (3a), an increase of Eg for a material such as Au with Ep = 29.9 eV is smaller 
than in the case of Al (Fig. 28) where Ep = 15.8 eV. 
 The plots of Figs 25 - 32 illustrate the sensitivity of the calculated IMFPs and the shapes 
of the IMFP versus energy curves to variations in the values of individual parameters. Figures 26 
and 30, in particular, show how changes in the choice of Nv affect the IMFP values for Al and Au 
when other parameters are held constant. The value of Ep affects the magnitude of the IMFP, as 
shown in Figs 27 and 31, and also the shapes of the IMFP versus energy curves for low energies 
in Fig. 31. 
 The parametric calculations reported in Figs 25 - 32 give an insight into how TPP-2 is 
able to represent the different shapes of the IMFP versus energy curves of Al and Au in the 50 -
200 eV energy range. For almost all values of the parameters selected in Figs 25 - 28, the IMFP 
increased with increasing energy and the expected minimum presumably occurred below 50 eV 
(as it does in elemental Al[5]). Figures 29 - 32 show a broad minimum at low energies except 

when the values of 𝜌, Nv and Ep are reduced from the values for Au. The broad minima in the 
IMFP versus energy curves that are characteristic of the transition and noble metals are therefore 

associated in TPP-2 with higher values of 𝜌, Nv and Ep than are typical for the more free-electron- 
like elements (such as Mg, Al and Si). 
 

Use of the predictive formula TPP-2  
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IMFPs can be calculated from TPP-2 for a given material using appropriate values of bulk density 
and atomic or molecular weight that have been tabulated in handbooks.[36] Information on 
sources for the band-gap energy of non-conductors is presented in the following paper.[6] The 
choice of a value for Nv can be complex for some materials, as discussed in the previous two sub- 
sections, but we give examples of choices for this parameter in Refs 1 and 6. 
 
Shapes of the IMFP versus energy curves 
 
The shapes of the IMFP versus energy curves for energies below 200 eV differ from element to 
element (for example, Figs 1-10). These differences are believed to be associated with the 
different shapes of the energy-loss functions for each material.[5] The differential inelastic 
scattering cross-section with respect to energy loss is proportional to the energy-loss function.[31] 
The shape of the IMFP versus energy curve at energies below 200 eV is largely determined by 
integration over the available inelastic scattering channels with weightings determined by the 
energy-loss function. Our use of experimental optical data ensures that we use the appropriate 
weighting distribution for each material. 
 The energy at which the IMFP is a minimum also varies substantially from element to 
element. The smallest such energy is 30 eV (for Mg) and the largest is 125 eV (for Au). The energy 
for the minimum IMFP is plotted versus free-electron plasmon energy in Fig. 33 and, while the 
data are scattered, it can be seen that there is an approximate linear dependence. Such a 
dependence is expected from early IMFP calculations[37] for jellium, a fictitious material of 
variable electron density. The same theory predicts that the minimum IMFP should be 
independent of plasmon energy (and also of electron density). We find that the minimum IMFP 
(Table 2) varies from 3.11 Å (Al) to 5.78 Å (C), although for 21 out of the 27 elements the 
minimum IMFPs range between 4.08 Å and 4.98 Å. 
 The dominant form of inelastic electron scattering in jellium is plasmon excitation and 
we therefore do not expect the jellium theory to be a reliable guide to the inelastic scattering 
behaviour of transition and noble metals, for the reasons discussed earlier in connection with Figs 
20 and 21. Nevertheless, the jellium theory does provide a semi-quantitative guide to the observed 
trends. We attribute the scatter in Fig. 33 and the range of values for the minimum IMFP to 
detailed differences in the shapes of the energy-loss functions for our group of 27 elements. We 
also note that the empirical AL formula proposed by Seah and Dench[35] predicts minimum IMFP 
values between 3.47 Å (Ni) and 6.01 Å (Bi) for our group of 27 elements and that these minimum 
IMFPs occur at energies between 38.5 eV (Bi) and 41.6 eV (Ni).[5] The Seah and Dench formula 
does not adequately represent the variations in the shapes of the IMFP versus energy curves that 
we find for the 50-200 eV range of electron energies. 
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 The shape of the IMFP versus energy curve and the location of the energy at which the 
IMFP is a minimum are important in photoemission and related experiments with synchrotron 
radiation in which the photon energy is 'tuned' to achieve maximum surface sensitivity. The plots 
of Figs 1-10 illustrate how the shapes of the IMFP versus energy curves vary from material to 
material at low energies; similar variations are seen in the corresponding plots for compounds.[6] 
While Fig. 33 indicates that the location of the energy at which the IMFP is a minimum varies 
substantially, it should be emphasized again that, for the transition and noble metals studied here, 
the IMFP versus energy curve is broader at low energies than for the free-electron-like solids and 
there is correspondingly less opportunity to vary surface sensitivity over the 50 - 200 eV range of 
electron energies. Nevertheless, as pointed out by Norman and Woodruff,[38] surface sensitivity 
can be varied in experiments with synchrotron radiation and it is important then to make material-
dependent selections of electron energies for a given purpose rather than to rely on so-called 
universal curves.[17] 
 
 
SUMMARY 
 
We have reported IMFP calculations for 50 - 2000 eV electrons in 27 elements. The accuracy of 
individual IMFP values for any material depends in part on the accuracy of the optical data on 
which the calculations are based; this uncertainty is typically 10% although it could be larger for 
some elements.[1] The other main source of inaccuracy is due to approximations in our algorithm. 
We previously estimated[1] this uncertainty to be ~10% for free-electron-like materials and for 
energies larger than 200 eV; the uncertainty for other materials and at lower energies is expected 
to be larger but its magnitude is difficult to estimate. We have used the same algorithm in a 
consistent way for this group of 27 elements and we therefore believe that relative IMFP values 
are known with greater confidence than absolute values, i.e. we believe that our IMFP results are 
particularly valuable for determining changes in IMFPs from material to material and for 
determining the IMFP dependence on electron energy. 
 We find substantial differences in the shapes of the IMFP versus energy curves for 
energies between 50 and 200 eV. These differences are attributed to detailed differences in the 
inelastic scattering behaviour of each material, as represented by their energy-loss function. 
 We have analysed the energy and material dependences of our IMFP values and find 
that they can be well represented by a modified form of the Bethe equation for inelastic electron 
scattering in matter. This equation contains four parameters which have been empirically related 
to atomic weight, bulk density and number of valence electrons per atom. The resulting formula 
(TPP- 2) provides a convenient means for estimating absolute IMFP values in other materials. 
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TPP-2 can also give relative IMFPs for an element at different energies in the 200 - 2000 eV range 
with a precision better than 3%. Over the 50 - 200 eV range, however, the precision could be 
worse owing to the fact that the simple TPP-2 formula cannot represent accurately the different 
inelastic scattering phenomena in different materials at low energies. Relative IMFPs for different 
elements at a given electron energy can be obtained from TPP-2 with a precision of ~13% over 
the 50 - 2000 eV energy range. We point out that TPP-2 should not be used for electron energies 
and for material parameters outside the ranges for which it has been developed and tested. 
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Table 1. Values of the Fermi energy used in our IMFP calculations (Refs 18 and 19) and of 
the free-electron plasmon energies for the group of 27 elementsa 

 

Elements Fermi energy (eV)  Plasmon energy ( eV) 

C 20.4 22.3 
Mg 7.1 10.9 
Al 11.2 15.8 
Si 12.5 16.6 
Ti 6.0 17.7 
V 6.4 22.3 
Cr 7.8 26.2 
Fe 8.9 30.6 
Ni 9.1 35.5 
Cu 8.7 35.9 
Y 4.4 11.2 
Zr 5.2 15.4 
Nb 5.3 19.5 
Mo 6.5 23.0 
Ru 6.9 28.5 
Rh 6.9 30.0 
Pd 6.2 30.6 
Ag 7.2 29.8 
Hf 7.9 15.7 
Ta 8.4 19.5 
W 10.1 22.9 
Re 10.7 25.6 
Os 11.4 28.1 
Ir 11.2 29.5 
Pt 10.6 30.2 
Au 9.0 29.9 
Bi 12.6 13.9 

a The free-electron plasmon energies have been calculated using the values of Nv shown in Table 
3 of Ref. 1; for Bi, Nv = 5 was assumed here. 

  



Author Manuscript: 
Published in final edited form as: Surf. Interface Anal. Volume 17, Issue 13, Pages 911- 926 December (1991). 
https://doi.org/10.1002/sia.740171304 
 

 22 

Table 2. Calculated IMFPs as a function of electron energy for 27 elements 
 

Electron 
energy 
(eV) 

Inelastic mean free path (Å) 

Ca Mg Al Si Ti V Cr Fe Ni Cu Y Zr Nb Mo 

50 5.9 4.0 3.2 4.1 4.5 4.2 4.4 4.3 4.9 5.0 5.0 4.4 6.0 5.1 

100 6.4 5.4 4.2 5.3 5.1 4.9 4.3 4.4 4.6 5.0 5.5 4.8 6.0 4.5 

150 7.5 6.8 5.3 6.5 6.2 5.9 5.0 5.1 5.1 5.6 6.4 5.7 6.7 5.0 

200 8.8 8.2 6.3 7.8 7.3 6.8 5.7 5.8 5.7 6.2 7.5 6.6 7.7 5.6 

300 11.2 10.7 8.3 10.3 9.5 8.8 7.2 7.2 6.9 7.7 9.8 8.6 9.7 7.1 

400 13.7 13.0 10.0 12.5 11.6 10.7 8.6 8.5 8.1 9.0 11.9 10.5 11.7 8.5 

500 16.0 15.3 11.7 14.6 13.7 12.5 10.0 9.8 9.2 10.2 14.0 12.3 13.7 10.0 

600 18.4 17.5 13.3 16.6 15.6 14.3 11.4 11.2 10.4 11.4 16.0 14.1 15.6 11.3 

700 20.6 19.6 14.9 18.6 17.6 16.0 12.7 12.4 11.5 12.7 17.9 15.8 17.4 12.7 

800 22.8 21.7 16.5 20.6 19.5 17.7 14.0 13.7 12.7 13.9 19.8 17.5 19.2 14.0 

900 24.9 23.8 18.1 22.5 21.3 19.4 15.3 14.9 13.8 15.1 21.6 19.1 20.9 15.2 

1000 27.0 25.9 19.6 24.4 23.2 21.0 16.6 16.2 14.9 16.3 23.4 20.7 22.6 16.5 

1100 29.1 27.9 21.1 26.3 25.0 22.7 17.9 17.4 16.0 17.5 25.2 22.3 24.3 17.7 

1200 31.1 29.9 22.6 28.2 26.8 24.3 19.1 18.6 17.0 18.7 27.0 23.8 25.9 18.9 

1300 33.1 31.9 24.1 30.0 28.5 25.9 20.4 19.8 18.1 19.8 28.7 25.4 27.5 20.1 

1400 35.2 33.9 25.5 31.8 30.2 27.4 21.6 20.9 19.2 21.0 30.4 26.9 29.1 21.2 

1500 37.1 35.8 27.0 33.7 31.9 29.0 22.8 22.1 20.2 22.1 32.1 28.4 30.7 22.4 

1600 39.1 37.7 28.4 35.4 33.6 30.5 24.0 23.2 21.2 23.3 33.8 29.9 32.3 23.5 

1700 41.1 39.7 29.9 37.2 35.3 32.0 25.1 24.4 22.3 24.4 35.5 31.3 33.8 24.7 

1800 43.0 41.6 31.3 39.0 36.9 33.5 26.3 25.5 23.3 25.5 37.1 32.8 35.3 25.8 

1900 44.9 43.5 32.7 40.7 38.6 34.9 27.5 26.6 24.3 26.6 38.8 34.2 36.9 26.9 

2000 46.8 45.3 34.1 42.5 40.2 36.4 28.6 27.7 25.3 27.7 40.4 35.7 38.4 28.0 
a Glassy form. 
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Table 2. continue 
 

Electron 
energy 
(eV) 

Inelastic mean free path (Å) 

Ru Rh Pd Ag Hf Ta W Re Os Ir Pt Au Bi  

50 4.9 4.8 4.8 6.2 5.8 4.8 5.0 5.2 5.5 5.3 5.0 6.7 4.9  

100 4.2 4.1 4.8 4.9 6.2 4.5 4.1 3.8 4.3 4.3 4.2 4.8 5.5  

150 4.6 4.5 5.4 5.0 7.1 5.0 4.5 3.9 4.5 4.7 4.5 4.8 6.3  

200 5.2 5.0 6.2 5.5 8.0 5.5 5.0 4.3 5.0 5.2 4.9 5.1 7.2  

300 6.5 6.1 7.8 6.4 10.2 6.8 6.1 5.1 6.0 6.4 6.0 6.0 8.8  

400 7.8 7.3 9.4 7.6 12.0 8.0 7.3 6.0 7.1 7.5 7.1 7.1 10.6  

500 9.1 8.5 11.0 8.7 13.8 9.2 8.4 6.9 8.1 8.7 8.2 8.1 12.3  

600 10.4 9.7 12.5 9.9 15.6 10.4 9.4 7.7 9.1 9.7 9.2 9.1 14.0  

700 11.6 10.8 14.0 11.0 17.3 11.5 10.4 8.5 10.1 10.8 10.2 10.1 15.6  

800 12.8 12.0 15.4 12.1 19.0 12.7 11.4 9.4 11.1 11.8 11.2 11.1 17.2  

900 14.0 13.0 16.8 13.2 20.6 13.7 12.4 10.1 12.0 12.8 12.2 12.0 18.7  

1000 15.1 14.1 18.2 14.2 22.2 14.8 13.4 10.9 12.9 13.8 13.1 12.9 20.2  

1100 16.3 15.1 19.6 15.3 23.8 15.9 14.3 11.7 13.8 14.7 14.0 13.9 21.7  

1200 17.4 16.2 20.9 16.3 25.3 16.9 15.2 12.5 14.7 15.7 14.9 14.8 23.2  

1300 18.5 17.2 22.2 17.3 26.9 17.9 16.2 13.2 15.6 16.6 15.8 15.7 24.6  

1400 19.5 18.2 23.5 18.3 28.4 19.0 17.1 14.0 16.4 17.6 16.7 16.5 26.1  

1500 20.6 19.2 24.7 19.2 29.9 20.0 18.0 14.7 17.3 18.5 17.6 17.4 27.5  

1600 21.6 20.1 26.0 20.2 31.4 21.0 18.9 15.4 18.1 19.4 18.5 18.3 28.9  

1700 22.7 21.1 27.2 21.1 32.9 22.0 19.8 16.2 19.0 20.3 19.3 19.1 30.3  

1800 23.7 22.0 28.4 22.1 34.4 22.9 20.6 16.9 19.8 21.2 20.2 20.0 31.6  

1900 24.7 23.0 29.7 23.0 35.8 23.9 21.5 17.6 20.7 22.1 21.1 20.8 33.0  

2000 25.7 23.9 30.9 24.0 37.3 24.9 22.4 18.3 21.5 22.9 21.9 21.6 34.4  
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Table 3. Values of b, g, C and D found in the fits of the modified Bethe equation (Eqn. (2)) to 
the calculated IMFPs over the 50- 2000 eV energy range (Table 2) 

 

Elements b (eV-1 Å-1) g ( eV-1) C (Å-1) D (eV Å-1) 

C 0.0159 0.117 0.905 18.4 

Mg 0.0661 0.143 3.11 101.0 

Al 0.0451 0.0951 0.852 25.4 

Si 0.0329 0.0919 0.543 13.3 

Ti 0.0291 0.122 1.21 18.5 

V 0.0206 0.107 1.02 23.9 

Cr 0.0196 0.0932 1.36 33.4 

Fe 0.0155 0.0742 0.991 30.4 

Ni 0.0137 0.0519 0.792 27.7 

Cu 0.0127 0.0439 0.513 20.6 

Y 0.0753 0.0975 3.22 64.3 

Zr 0.0451 0.0977 1.91 38.1 

Nb 0.0283 0.0624 0.990 22.8 

Mo 0.0273 0.0706 1.43 31.5 

Ru 0.0188 0.0814 1.37 33.5 

Rh 0.0186 0.0758 1.43 38.5 

Pd 0.0142 0.0648 0.567 14.2 

Ag 0.0200 0.0574 1.69 54.8 

Hf 0.0510 0.0351 0.024 15.6 

Ta 0.0481 0.0404 1.51 59.0 

W 0.0396 0.0383 1.04 35.0 

Re 0.0386 0.0388 1.78 62.2 

Os 0.0281 0.0343 0.818 32.2 

Ir 0.0237 0.0347 0.494 19.1 

Pt 0.0232 0.0384 0.751 27.1 

Au 0.0235 0.0424 1.57 55.7 

Bi 0.0624 0.0637 3.28 115.9 
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Table 4. Values of the largest negative percentage difference, the largest positive percentage 
difference and the root mean square (RMS) percentage difference found for each 
element in comparing IMFP results from the predictive formula TPP-2 (Eqns (2) 
and (3)) with the IMFP results shown in Table 2a 

 

Elements 

Largest positive 

diff. (%) 

 

Epos  (eV) 

Largest negative 

diff. (%) 

 

Eneg  (eV) 

 

RMS diff. (%) 

C — — -45 50 -33 

Mg — — -7 50 -4 

Al 14 60 — — 9 

Si — — -18 300 -16 

Ti — — -12 2000 -9 

V 8 50 -13 2000 -9 

Cr 13 70 — — 8 

Fe 11 60 — — 6 

Ni 12 1600 -22 50 10 

Cu 3 2000 -25 50 -9 

Y 16 200 -4 50 14 

Zr 14 110 — — 11 

Nb — — -15 50 -14 

Mo 41 130 — — 8 

Ru 6 100 -1 2000 4 

Rh 9 300 -1 50 6 

Pd — — -18 1500 15 

Ag 11 2000 -23 50 10 

Hf 11 50 -6 300 -4 

Ta 37 50 — — 20 

W 30 50 — — 15 

Re 23 2000 — — 20 

Os 2 50 -8 120 -7 

Ir — — -16 500 -14 

Pt — — -11 500 -11 

Au — — -27 50 -13 

Bi 19 50 — — 15 
a The sign of the difference indicates whether the values from TPP-2 are systematically lower (-) 
or higher (+) than the values of Table 2. Epos and Eneg are the energies at which the largest positive 
and negative differences, respectively, occur. 
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Table 5. Parameter values for Al and Au needed for evaluation of the IMFP predictive 

formula TPP-2 (Eqns (2) and (3)) 
 

Parameter Al Au 
r (g cm-3) 2.7 193 

Nv (electrons per atom) 3 11 

Ep (eV) 15.8 29.9 

U (g cm-3) 0.300 1.079 

b (eV-1 Å-1) 0.0402 0.0242 

g (eV-1) 0.116 0.04435 

C (Å-1) 1.70 0.988 

D (eV Å-1) 7.2 31.0 
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Figure 1. IMFP values (solid circles) calculated for glassy carbon (Table 2) as a function of 

electron energy. IMFP values are shown for 10 - 40 eV electrons to illustrate trends 
but these results are not considered to be reliable (see text). The solid line is a fit to 
the IMFP values with the modified Bethe equation (Eqn. (2)); values of the 
parameters found in the fit are listed in Table 3. The dashed line shows IMFP 
values calculated from our predictive formula TPP-2 (Eqn. (2)), where values of 
the four parameters were calculated from property data for carbon using Eqn. (3). 
The inset shows the low-energy region on an expanded energy scale. 
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Figure 2. IMFP results for silicon as a function of electron energy; see caption to Fig. 1. 
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Figure 3. IMFP results for titanium as a function of electron energy; see caption to Fig. 1. 
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Figure 4. IMFP results for iron as a function of electron energy; see caption to Fig. 1. 
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Figure 5. IMFP results for molybdenum as a function of electron energy;  
see caption to Fig. 1. 
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Figure 6. IMFP results for palladium as a function of electron energy; see caption to Fig. 1. 
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Figure 7. IMFP results for silver as a function of electron energy; see caption to Fig. 1. 
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Figure 8. IMFP results for tungsten as a function of electron energy; see caption to Fig. 1. 
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Figure 9. IMFP results for platinum as a function of electron energy; see caption to Fig. 1. 
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Figure 10. IMFP results for bismuth as a function of electron energy; see caption to Fig. 1. 
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Figure 11. Fano plot for Si in which values of E/l (solid circles) are plotted versus electron 
energy on a logarithmic scale. The solid line is a plot of E/l based on the fit of Eqn. (2) to 
the calculated IMFP values. The dashed line shows E/l from the first term of Eqn. (2), ie. 
the Bethe equation (Eqn. (1)). 
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Figure 12. Fano plot for Pt; see caption to Fig. 11. 
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Figure 13. Values of 11 (solid circles) found for each element (Table 3) from the fits of Eqn. 
(2) to the calculated IMFPs (Table 2) plotted versus (Ep

2 + Eg
2) -1/2. The dashed line is a plot 

of [0.944 (Ep
2 + Eg

2) -1/2 - 0.0216] while the solid line shows a plot of Eqn. (3a) for r = 10 g 
cm-3. 
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Figure 14. Plot of 11, defined by Eqn. (4) as a function of density r . The solid line shows the 
line b r = 7.39 ×10-4 r . 
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Figure 15. Values of g (solid circles) found for each element (Table 3) from the fits of Eqn. 
(2) to the calculated IMFPs (Table 2) plotted versus density r. The solid line is a plot of Eqn. 
3(b). 
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Figure 16. Values of C (solid circles) found for each element (Table 3) plotted versus U (Eqn. 
3(e). The solid line is a plot of Eqn.3(c). 
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Figure 17. Values of D (solid circles) found for each element (Table 3) plotted versus U (Eqn. 
3(e)). The solid line is a plot of Eqn.3(d). 
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Figure 18. Plots of the slopes of the Fano plots (d(E/l)/d(ln E)) from the calculated IMFPs 

for Si (●). Hf (▲) and Bi (■) as a function of electron energy. The solid lines indicate the 

slopes calculated from Eqn. (5) with parameters from Table 3 for each element to show the 
slopes derived from the fits of Eqn. (2) to the IMFP values of Table 2. 
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Figure 19. Slopes of Fano plots for Mg (■) and Al (●) as a function of electron energy; see 

caption to Fig. 18. 
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Figure 20.  Plot of the electron energy-loss function for Si. Im[-1/e (w)], as a function of 
energy loss ℏ𝛚. as calculated from optical data (Ref. 11). 
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Figure 21. Plot of the electron energy-loss function for Im[-1/e (w)], as a function of energy 
loss ℏ𝛚 (Ref. 11). 
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Figure 22. Plot of Zeff versus DEmax from Eqn. (6) for Si. 
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Figure 23. Plot of Zeff versus DEmax from Eqn. (6) for Pt. 
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Figure 24. Plot of the ratios of IMFPs calculated from TPP-2 to the IMFPs calculated from 
optical data for Al, Au, Pt and Si as a function of electron energy. 
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Figure 25. Plots of IMFP versus energy for Al from TPP-2 (solid line) and of evaluations of 

TPP-2 (Eqns (2) and (3)) with Al parameters except that the bulk density r was varied as 
shown. The inset shows IMFP values for the 50 - 200 eV range on an expanded energy 
scale. 
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Figure 26. Plots of IMP versus energy for Al from TPP-2 (curve with Nv = 3) and of 
evaluations of TPP-2 with Al parameters except that the number of electrons per atom Nv 
was varied as shown. The curve adjacent to the bottom Nv = 5 curve is for Nv = 10. 
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Figure 27.  Plots of IMFP versus energy for Al (with Ep = 15.8 eV) from TPP-2 (curve 
adjacent to the bottom curve) and of evaluations of TPP-2 with Al parameters except that 
the free-electron plasmon energy Ep was varied as shown. 
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Figure 28. Plots of IMFP versus energy for Al from TPP-2 (solid curve) and of evaluations 
of TPP-2 with Al parameters except that the band-gap energy Eg was varied as shown. The 
curve adjacent to the curve for Al with Eg = 0 is for Eg = 3 eV. 
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Figure 29.  Plots of IMFP versus energy for Au from TPP-2 (lowest curve) and of 

evaluations of TPP-2 with Au parameters except that the bulk density r was varied as 
indicated. 
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Figure 30. Plots of IMFP versus energy for Au from TPP-2 (curve with Nv = 11) and of 
evaluations of TPP-2 with Au parameters except that the number of electrons per atom Nv 
was varied as shown. 
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Figure 31. Plots of IMFP versus energy for Au from TPP-2 (curve with Ep = 29.9 eV) and 
of evaluations of TPP-2 with Au parameters except that the free-electron plasmon energy 
Ep was varied as shown. 
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Figure 32. Plots of IMFP versus energy for Au from TPP-2 (solid line) and of evaluations 
of TPP-2 with Au parameters except that the band-gap energy Eg was varied. The 
intermediate curve is for Eg = 5 eV. 
 
  



Author Manuscript: 
Published in final edited form as: Surf. Interface Anal. Volume 17, Issue 13, Pages 911- 926 December (1991). 
https://doi.org/10.1002/sia.740171304 
 

 59 

 
 

 
 
Figure 33. Plot of the electron energy for which the calculated IMFP of an element (Table 
2) is a minimum versus the free electron plasmon energy (Table 1) for the group of 27 
elements. 
 
 
 


